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Vizing’s Theorem (1964)

For any graph G, x’(G) < A(G) + 1.

V. G. Vizing (1964). On an estimate of the chromatic class of a p-graph.
Diskret. Analiz., 3:25-30, in Russian
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Vizing’s Theorem (1964)

For any graph G, x’(G) < A(G) + 1.

x'(G)=A(G) Class 1
X' (G)=A(G)+1 Class2

V. G. Vizing (1964). On an estimate of the chromatic class of a p-graph.
Diskret. Analiz., 3:25-30, in Russian
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Vizing’s Theorem (1964)

For any graph G, x’(G) < A(G) + 1.

x'(G)=A(G) Class 1
X' (G)=A(G)+1 Class2

» Deciding if a graph is Class 1 is N'P-complete(Hoer, 1981)

V. G. Vizing (1964). On an estimate of the chromatic class of a p-graph.
Diskret. Analiz., 3:25-30, in Russian

I. Holyer (1981). The N'P-completeness of edge-colouring. SIAM J. Comput.,
10(4):718-720
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Theorem (Fournier, 1977)

Every graph with acyclic core is Class 1.

J.-C. Fournier (1977). Méthode et théoréme générale de coloration des arétes.
J. Math. Pures Appl., 56:437-453
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Join graphs
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Join graphs with k :=n; = n, andd :=A; = A,
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Join graphs with k :=n; = n, andd :=A; = A,
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Join graphs with k :=n; = n, andd :=A; = A,
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A(Bg—M)=k-1=x'(Bg—M) J
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Join graphs with k :=n; = n, andd :=A; = A,
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A(Bg—M)=k-1=x'(Bg—M)
1 {(Gy) = dt 1 —> ¥(G) =k +d J
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Conjecture (Zorzi e Zatesko, 2016; Lima et. al. , 2015)
If ny =nyand Ay = A, then Gis Class 1.

A.R. C. Lima, G. Garcia, L. M. Zatesko, and S. M. de Almeida (2015). On the chro-
matic index of cographs and join graphs. Electron. Notes Discrete Math.,
50:433-438

A. Zorzi and L. M. Zatesko (2016). On the chromatic index of join graphs and
triangle-free graphs with large maximum degree. Discrete Appl. Math., arti-
clein press,
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Conjecture (Zorzi e Zatesko, 2016; Lima et. al. , 2015)

If ny =nyand Ay = A, then Gis Class 1.

Theorem (Zorzi e Zatesko, 2016)
If ny =ny, Ay = A5, and

IV(G2) \ V(A[G))I = {u € V(A[G1]) : dajgyy(u) > 1) +
[{C connected component of A[G]:|V(C)| = 2},

then G is Class 1.

A.R. C. Lima, G. Garcia, L. M. Zatesko, and S. M. de Almeida (2015). On the chro-
matic index of cographs and join graphs. Electron. Notes Discrete Math.,
50:433-438

A. Zorzi and L. M. Zatesko (2016). On the chromatic index of join graphs and
triangle-free graphs with large maximum degree. Discrete Appl. Math., arti-
clein press,
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Proposition
If a graph G has maximum degree A > 1 and an acyclic core
with s vertices, then G has at least

max{a-1,5-| 222}

vertices of degree less than A.
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Y ((d+1)=dy(v)>d+1.

VEV(Gl)
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